Lower bounds for rational approximation to algebraic numbers have been studied for many years, both for their intrinsic interest and for their applications to Diophantine equations. At one end of the spectrum, we have the weak bound due to Liouville who showed that if is an algebraic number of degree , then for non-zero integers and . At the other end, we have the famous inequality of Roth [ ] to the effect that, for 0, again for any non-zero and . Unfortunately, while the first of these bounds is effective in that the constant is computable from Liouville's proof, Roth's theorem is not. Efforts to produce effective improvements upon Liouville's bound have centred about three lines of attack: the theory of linear forms in logarithms (see for example, [ , , ]), the Thue principle (see [ , ] ) and the method of Baker and Siegel, using rational function approximation (see [ , , , , , , , ] ). While the first of these techniques is indisputably more general, we restrict our attention in this paper to the last, which is characterized by attractive and strong bounds in special settings. In [ ] and [ ], via Padé approximation to the binomial function 1 , Baker was able to obtain effective improvements upon Liouville's theorem for restricted classes of algebraic numbers. In particular, he showed that (5) 10 and then optimize the inequality for smaller . All these computations were performed using Pari on Sparc IPC, Sparc 20 and Deck Alpha machines. In Table 2 , we list the total number and largest exceptions to the inequality 8 for 1
, where is defined in the same way as before and is if 4 and otherwise. We also include the values of and which minimize . 
exceptions to (8) minimal log 72 T 2.
where 1 with and as in Theorem 1.1. The bound , derived from (4) and valid for all , and the fact that 2, then, imply the stated result. For 4 (whence 1), we argue similarly only with the term 3 9 1 replaced by 1 95 and replaced by . It should be noted at this juncture that for specific in the range under consideration here, the constant 10 appearing in the statement of Theorem 1.1 may be reduced through application of the precise minima given in Table 2 . For instance, with 3, we may replace 10 by 3 23 10 . To prove Theorem 1.3 for 14, we use Lemma 2.1 with 1 and 5 2 and set 1. Bounding by the trivial estimate that 1 and noting that the constant 1 3 in Lemma 2.2(ii) may in fact be replaced by Checking that the first forty convergents to 5 satisfy (14) and noting that 10 , implies, from (15), that we need only show that 10 for 12000 (since we verify that 10 ). Computing the desired partial quotients via Pari (gp), we find that the largest of the first 12000 partial quotients is equal to 4057, which enables us to conclude as desired.
Similar arguments apply for our other examples. The bounds in Corollary 1.2 follow from Theorem 1.1 with the choices of , , and noted in Table 3 , provided, in each case, 10 . Computing the first 12000 partial quotients for each and the related convergents, we list the largest partial quotients in this range. In every case, the 12000th convergent in the continued fraction expansion to has denominator exceeding 10 and analogous bounds to (15) enable us to conclude as in Corollary 1.2.
6.
In [ ], the author ( joint with B. M. M. de Weger) applies these techniques, together with lower bounds for linear forms in logarithms of algebraic numbers, to the problem of bounding the number of solutions to the binomial Thue equation 
